G APNOL 3.4. 3° Kpttnplo lootntag Telydvwy

Ked. 3.4. - Tpanela Ospdtwy 2022 - Fewpetpia A’ Aukeiov

EKOQNHZEIZ & AYZEIZ
H Tpamnela Oepdtwyv yia tn Fewpetpia A’ Aukelou eival pia peyain «Bdalacoa». Epeic Opwe €xoupue
dpovtioel yla e0éva, CUYKEVTPWVOVTAC EKElvA Ta BEPATA TTOU amoTteAoUV T «BAcn» TNG yvwong Kot yLo
To UTtOAoLTa. MEAETWVTAC KOL KATOVOWVTAC TO HOTIBO OKEYPNC YLO TOL CUYKEKPLUEVQ, UTTOPELG va AUCELG
He emituyia Kat ta urtdAouta Bépata. 2tnv LotooeAida pag www.arnos.gr yia to Course tng lrewpetpiog,
HEAETAC KOl TposTOoLlHAlecal e TNV avaluTtikn Sibaokalia o aoknOeL Kal Bpata, oto UPoG NG
Tpanelag.

Ofpa 2 - Kwékot:
1591, 1601, 1624, 1670, 12636, 13518, 13826

1. Oépa 1591

Aivetol LloookeAES Tpilywvo ABT (AB = ATl kol K ECWTEPLKO onUELD TOU TPLYWVOU TETOLO
wote KB = K.
a) Na anobdeifete OTL Ta Tplywva BAK kat KAT eival ioa.
(Movabdecg 12)

B) Na amobeifete ot n AK eivat Sixotdpoc e ywviac BAT.

(Movabdec 6)
y) H nmpoéktaon tn¢ AK Téuvel tnv Bl oto E. Na beifete 6tL n KE eival diapecog tou
TpLywvou BKT.

(Movadeg 7)
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AYZH

a) Ta tpiywva BAK kat KAT éxouv:
e AK kowvr) mMAeupd,

e AB = AT, and unéBeon

e KB = KI, a6 unéBeon

Ano 1o kputripo N — N — N cupnepaivoupe 6tL Ta tpiywva BAK kat KAT gival ioa.

EEumtvx & gVkoAx!
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B) Ta tpiywva BAK kat KAT eival ioa, omdte kal oL ywvieg mou Bplokovtal amévavtl
antd T BK kaw K eivan ioec, Snhadn woxUet BAK = KAT. Apa n AK givat SLX0topoC e
ywviag BAT.

y) Emeldn to tpiywvo ABI eival woookeAeg n Siyotopog AK eival kat SLapeococ Tou
TpLywvou ABT, dpa to E eival péoov tou tpuipatog Br. TeAwkd n KE eival dtdpecoc tou

BKT.

2. Oépa 1601

OewpoUpE LWOOoKEAEC Tpiywvo ABI (AB=ATl) kat onpeio M ECWTEPLKO TOU TPLYWVOU,
TéTol0 WoTe MB=MT. Na anobeiete otL:
a) Ta tpiywva AMB kot AMT eival ioa. (Movabdec 12)

e

B) H euBeia AM dixotopei tn ywvia BEMT. (Movabdec 13)

E&unvax & eVkoAx!
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AYZH

a) Ta tpiywva BAM kat MAT €xouv:

e AM kouvr) MAgupd,

e AB = Al adou ABT LoooKeAEG Tpiywvo,
e MB = MI and undébeaon.

Amo to kputripto M =N - N ta tpiywva BAM kot MAT gival loa.

E&unvax & eVkoAx!
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B) Emewdn) ta tpiywva BAM kot MAT eival ica Ba eival ioeg kat oL ywvieg mou
Bplokovtal amévavtt ano Tig (oeg MAeUpES AB kat AT, SnAadH woxvelt AMB = AMT. Tote
glval

BMA = AMT (1)

WG MOPAMANPWHATIKES TWV (oWV ywvidv AMB kat AMT.

Ané tnv (1) oupnepaivoupe 6tL n AM Sixotopei tnv BMT.

A

[ @ = = -

o

E&unvax & eVkoAx!
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3. O¢pa 1624

Aivetal tetpanAeupo ABIA pe BA=BI kat AA=ATl. Ou Staywviol Al, BA tou tetpanAelpou eival ioegg

KoL TEpvovTal KABeTa.

Na anobeifete otL:

a) H BA gival duxotopog twyv ywviwv B kat A tou tetpanAelpou ABlA. (Movadecg 12)
B) H BA eival peocokdBetog Tou TuApatog Al. (Movadeg 13)

B

A r
A
AYZH
B
A N
A
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o) Zuykpivoupe ta Tpiywva ABA kot MBA £xouv:

* BA = Bl and tnv umdBeon * AA = Al, amd v

umoBeon

*  BA xown mAeupa.
ATd o kpuriplo MN-N-MN ta tpiywva ABA kat BrA eivat ioa, omdte éxouv ABA = ABr
(arévavtt and T ioec mheupéc AA kal Ar) kat AAB = BAT (amévavtt and Tic ioeg
rheupéc AB kat BF). Apa n BA eivat S1x0tépoc twv ywviwy ABF kat AAT.
B) Eival BA = BI, dpa to onpeio B éxelL tnv idla andotaon amnd ta A kat I (dnhadn ta
akpa tou Ar). Mapopota, AA = AT, dpa to onpeio A €xeL tnv bla andotacn and ta A
kat I (6nAadn ta dkpa tou Al). EmMopévwe MPOKUTTEL OTL Ta B kaL A avrikouv otn

uecokdBeto touv Al Onmdte n BA eival n pecokdBetog tou Al, eddcov duo onpueia

opilouv pia evBeia.
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4. Oépa 1670

Aivetal ywvia xAy kat n édixotopog tng Ad. And tuxaio onueio B thg Ax dépvoupe
kaBetn otn duxotopo, n onola téuvel tnv Ad oto A kal tnv Ay oto I.

Na amnobeifete ot :

a) To tpfipota AB kot AT eivan (oa. (Movabdecg 12)
B) To tuxaio onpeio E tng Ad woaméxel amo ta B ko I (Movabdeg 13)
A

AYZH

a) Zto tpiywvo ABI n AA eival bdiyyotdpog kal Ugog, omdte tO0 Tpiywvo Eeival

LoOOKEAEC Ue Bdon tn Br. Apa AB= ATl

E&unvax & eVkoAx!
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B) To tpiywvo ABT gival LOOOKEAEC OTIOTE 1) A
AA, extéc and dyotopog kal vog, eival
kat Suapecog, dnAadn n  AA  eival
pecokdBetn tng Br. To onueio E avhkel
oTn pecokdBetn tou Bl dpa LOAMEXEL QMO

Ta onueia B kal .

5. Oépa 12636

Aivetal LoookeAeg Tpiywvo ABI pe AB=Al kat M eival to péoo tng Baong Bl. Ztig
TPOEKTACELS TWV TAEUpwv AB, Al maipvoupe ta Tupata BA, ME avtiotoya woTE
BA=TE.

a) Na anodeifete ot ta Tpiywva MBA kat MTE gival ioa. (Movabdecg 12)

B) Na atobeifete 6tLn ywvia MAE eival ion pe ™) ywvia MEA.  (Movadec 6)

y) Av n AM TEpveL Tnv AE oto onpeio Z va antodeifete otL n AZ gival kaBetn otnv AE.

(Movabdec 7)

E&unvax & eVkoAx!
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a) Ta tpiywva MBA katl MTE gxouv:

e MB=MI, oM eival peco tng Br

¢ BA=TE, and undBeon

e MBA = MFE, w¢ napamnpwpatiké Twv iowv ywviwy B kat I
apa ta tpiywva MBA kat MTE eival ioa (MN0).
B) Adyw tou (a) eivar MA = ME, ylati Bpilokovtal amevavtl ano TG 0eC Ywvieg
MBA ko MFE twv iowv tpiydvwy MBA kat MIE avtiotoa. Emopévwg to Tpiywvo
MAE gival .oookeAEg, ondTe oL ywvieg tng Baong tou MAE kat MEA eival ioec.
y) ZTo loooKeAEC Tplywvo ABI n AM eival dLapeocog dpa kol S1X0ToOC.
Emiong AA = AB + BA kal AE = Al +IE, omtote AA=AE w¢ aBpolopa iowv TUNUATWY.
‘EToL 0TO LoOOKEAEC Tpiywvo AAE, n AZ w¢ dixotopog Ba eival kot U oc.

Apa n AZ eivar kaBetn otnv AE.

E&unvax & eVkoAx!
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6. Oépa 13518

Aivovtal ta tpiywva ABI kol A'B'T" tou oxnuatog pe Ar = A'T" kat AB = A'B". Av oL
dudpecol BA kal B'A’ eival ioeg, va amobeifete otu

a) A=A’

B) Ta tpiywva ABI kat A'B'T eivat ioa.

(Movabdeg 15)
(Movdbecg 10)

A Al
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AYZH

a) Ta tpiywva ABA kot A'B'A" éxouv:
BA =B'A’, ano unoBean,
AB = A'B’, and undBeon,
AA=A'A, wE pod Twy lowv Thevpwv AT kat A'T" avtiotoya.
Emopévwe, Ta tpiywva eival ioa yati éyouv Tig mAeupéc Toug oeg pia mpoc pia.

Apa, A = A’ enedn elval anévavte and tic loeg mhevpéc BA kat B'A’ avtiotowa.

[
=

- r B r
B) Ta tplywva ABT kat A'B'T” €xouv:
AB = A'B’, and undBeon,
Al =A'T', and undBeon,

A=A’, and to nponyouEVO EPWTNHAL.
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Enopévwg, ta tplywva eival loa eneldr] £xouvv 800 mAevpéc loec pia mpog pia kot Tig

TMEPLEXOUEVEC OE QUTEC YWVIEC LOEC.

A A

7. Oépa 13826

Ta tpiywva ABK kat FAA Tou oxfpatog éxouv AB =TA = AK=TA kat A =T
a) Na arnobeifete 0TL Ta tpiywva ABK kat FAA gival ioa kot ot éxouv BK = AA.
(Movabdeg 12)
B) Eotw ot A ka K eivan Ta péoa twv BK kat AA avtiotoyya:
i. Noeéetdoete av ta Tpuipata BA, AK kat KA gival toa. Na atttohoyrioete tnv andvinor
oag. (Movadeg 5)
ii. No amobdeifete 611 oL AA kal MK eival kdBeteg otnv euBeia KA.

(Movdabec 8)
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AYZH
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a) Ta tpiywva ABK kat FAA eival woookeAr) pe AB = AK ko MA = TA avtiotowa (amod ta
Sedopéva), £xouv loeg Tig ioec TAeupéc Toug kat oeg Tic ywvieg A kat I (amd ta Sedopéva).
Apa ta tpiywva eival ioa yati £xouv duo MAEUPEC LoeC pia mpog pia Kal TIC MEPLEXOUEVES OE
QUTEC ywvieg loeg. OMoTE, WC CUUMEPACUA TNG LWOOTNTAC TWV Tplywvwy Ba gival BK = AA,
ylati eivan heupéc mou Bpiokovrat amévavtt and tig ioeg ywvieg A kau I,

B)

i. AdoU A ko K eival péoa twv BK kat A avtiotolya, ToTe Oa LoYUEL OTL

BA = AK kat AK = KA, ontote Ba eival BA = AK = KA.

ii. AdoU ta tpiywva ABK kat FAA eival .oookeAr pe AB = AK kat MA =TA kal A, K ta péoca
Twv PBdoewv toug BK, AA avtiotowxa, tote ta AA kot TK eival dudpeocol ot Baoelg toug,
onote Ba eival kat OYPn kot we UYn Ba eival kdBeta oe auteg, dnAadr to AN eival kabeto
oto BK kat 1o MK gival kdBeta oto AA. Onote oL AA kat MK gival kaBeteg otnv euBeia KA tnv

omoia opifouv ta onueia K, A.

Ofpa 4 - Kwéwkol:
14880
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8. Oépa 14880

Alvetal TetpamAevpo ABIA pe AB = AA kal B = TA. Av E gival to onpeio topng tTwv

TIPOEKTACEWY Twv BA kat M'A kat Z To onpelo TOUNS Twv MPOEKTACEWY Twv AA kal B

va anodeifete OTL:

a) H FA eivat dyyotopog g ywviag Bra. (Movabeg 7)
B)rz=re (Movabdeg 9)
y) EZ // BA (Movabecg 9)
- =
I“‘ \‘ ”A ,::
1 ] A
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AYZH

Ta tpiywva ABI ko AAT Exouv:
e AB = AA, and undBeon
e [B=TA, and undBeon

e A kowr mAsupd
An6 to kputfpLo N-N-N ta Tpiywvea ABI kaw AAT eival loa, ondte éxouv BIA = ATA (1),

&uoTL Bplokovtal anévavtl and Tic ioeg mMAeupég AB kol AA avtiotowya. Apa n TA sivat

SoTONOC TNC ywviac BrA.

E&unvax & eVkoAx!
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B)

ZAB = EAA (2) wg katakopudiv ywvieg, BAT = AAT (3), yuarti sival ywvieg amévavtt
amnod g oeg mhevpéc B kat TA avtiotoya, Twy iowv Tpywvwy ABI kat AAT Tou a)
gpwTApaToc. And (2) ka (3) éxoupe dtu ZAT = EAT (4) we aBpolopata iowv ywviwv
Ta tpiywva ZAT ko EAT £xouv:

e BFA = ATA, ano tn oxéon (1)

e Al Kowr mAsupd

e ZAT = EAT, and t oxéon (4)

Apa and to kpurrjpo I N T ta tplywva ZAT ko EAT eival loa ondte MZ=IE ywati cival

nAeupéc mou Pplokovral anévavtt and Tic loec ywviec ZAT, EAT avtiotowya.

E&unvax & eVkoAx!

JoAwpov 29 ABriva tnA: 210 38 22 157 info@arnos.gr www.arnos.gr



mailto:info@arnos.gr

' APNOL 3.4. 3° Kpttnplo lootntag Telydvwy

y)

.
Eotw H kaL © ta onuela ota onola to tpipa Al tépvel ta tunpata ZE kol BA
avtiotowa. Zto wookeAé Tpiywvo MBA (MB = TA), n MO elvar Siyotdpog, dpa Kat

Upoc. Tote: BA L 0. Zto wookehég tpiywvo MZE (MZ = TE), n MH elvar Siyotopog, apa
koL Uoc. Tote: EZ L THAEZ LTO.

Ondte ouunepaivoupe 6t EZ // BA, we kdBeta oto ibo tuipa ro.
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JoAwpov 29 ABriva tnA: 210 38 22 157 info@arnos.gr www.arnos.gr



mailto:info@arnos.gr

