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A

Na amavrioere ora emoueva ouo (2) 1ooduvaua EPQTHMATA. Na avamruéere TIS amaviioeic

oag

oro ¢€i6ik6 TETPAAIO. Kd6s cpwinua ouuuetéxel kara 25 % aorn diauépewaon g

BaBuoAoyiag NS mPwWTNSG BUATIKAG £vOTNTAC.

EPQTHMA lo:

a)

B)

Y)

X+ inﬂé , X=0
‘EoTw n ouvaptnon f(x)=
0 , x=0

i. Bpeite v mapaywyo f’(x) yia k@Bs x € R kai €€etdote av n f/(x) eival ouvapTnon
ouvexNg oto onueio x=0.
ii. MNakaBe ¢ >0 va deixBei 6T N cuvdaptnon f(x) dev eival atEouca oTo didoTnua (—&,¢).

‘EoTw 1001MAcUpOo Tpiywvo ABI pe TAcupd prikoug a. Auo onueiac K kar N Bpiokovral
avTtioToixa mmavw oTIg TTAsupég AB kail Al €101 woTe n euBeia KN va TEUVEl TNV TTPOEKTAOT
NG TAcupdcg BIM oto onueio M (BA. oxnpa). Av ta Tpiywva AKN, NI'M kai To TeTpATTAeupo
KBI'N £xouv 10 id10 euBadov, TOTE:

i. amodei¢re 611 N KI™ gival TTapdAAnAn 1Tpog Tnv AM.
ii. uttohoyioTe To prkog Twv AK, AN kai 'M cuvapTtAoel Tou a.
A

B M

r

Eotw évag TeTpaywvikdg Tivakag A=[a;],1<i, j<n kai a;€R. Av umdpxouv

Ay A, ER pe A, =2, kal dUo pn pndevikd diaviopata X eR", yeR" T1é€t010 WOTE!

AX = A Xkal Ay=4,Y, va armodei¢ete 0TI Ta X Kal Y €ival ypappuIKwg avegaptnra.
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EPQTHMA 2o:
a) ‘Eotw nouvaptnon f(x) :[x+£] , 0<x<1kar a>1.
X

i. Amodeitte 611 N ouvapTtnon f(x) eival kuptA oTo didoTnua (0,1).

x+y]< f(x)+f(y).
2

ii. AmodeitTte 0TI yia 6Aa Ta X,y € (0,) kai a>1 ioxver f < 5

iii. Atmodei¢re 6T, av x>0, y >0, a>1kal X+ Yy =1, 161€ IOXVEI:

a a

2a71

>

el b
X+—| +|Yy+—
X y

B) OiTéo0epIg TIUEG EVOG OTATIOTIKOU BEiyPaTOC €ival diadoxIKoi 6pol apiBunTiKAG TTPOOdOU HE
pgéon Ty X =5 Kkal TutTik atrdékAion S =45. MpoodiopioTe TIG TIUEG AUTEG (O TUTTOG TNG

diakUyaveng A d1I00TTopdag opiletal atd Tn oxéon s° = 1Z(ti -X)%).
Vi

Y) Tpeig moAeic A, B, I Bpiokovtal Katé MPAKOG €vOC QUTOKIVATOOPOUOU HE OTTOOTAOCEIG
AB=200 km, BI'=400 km (ka1 A'=600 km). 'Eva auToKivnTO KIVOUPEVO CUVEXWG EEKIVA aTTO
TNV TTOAN A, TTeEpvVAEl atro TNV TTOAN B petd atrd 3 wpeg kal ¢Bavel otnv TTOAN I o€ 6 wpEG.
Na atrodeigete 611 UTTAPYXOUV dUO TOUAAXIOTOV XPOVIKEG OTIYMEG TTOU OlaPEPOUV KaTd 3
WPEG, £TOI WOTE TO QUTOKIVATO TN Hia XPOVIKA OTIyun €ixe dITTAdoia TaxutnTa o1’ O,T1 TNV
AGAAN (n ouvapTtnon TTou ek@PAdlel To dIAOTNPO CUVOPTACEI TOU XPOVOU €ival OUVEXNG Kal
TTapaywyioiun).

Ta eméusva duo EPQTHMATA (3° kai 4°) amoreAoUviai 10 kaBéva améd €& (6) 10000vaues
epwrhoeic. Na amaviioere OTIC EPWTHOEISC QUTEC UE TN EBOOO TwV TTOAAQTTAWV EmmAOYwWv OTO
€10ik6 A[TANTHTIKO ®@YAAO.

EPQTHMA 3o:
» To gpwrtnua ouuuetéxel kard@ 25 % orn dlaudpewon 1nS BabuoAoyiac tng mpwtng
Beuatikic evornTac. Emouévwe, KGOe epWTnon oUUUETEXE! e 4 g Lovadec oTo Babué e
TPWTNG BeLATIKNS EVOTNTAC.

1. To epBadov Tou emiTedou Xwpiou Tou TrepikAgieTal amd TIG BU0 TEOAAOPEVEG YPOMMEG
y:|x—1| Kal y:3—|x| 1I000TAI ME:
a) 3.

B 4.
y) 5.

2eNida 2 ammé 5



http://fedu.klimaka.gr

2. Ze Yo o@aipa gival eyyeypaupévog £évag opBOg Kwvog 0 OyKOG TOU OTroiou IcoUTal ME TO % TOU

6YKOU TG o@aipag. Av To Uyog Tou Kwvou h gival Sid@opov TNG aKTivag TNS oQaipag, TOTE 0 OYKOG
NG o@aipag 1IcoUTal HE:

a) %n\/ghS

B) %n(\/g—l)w

. . 7 3z i
3. H TR Tng mapdotaong K = avvg + avv; 1I000Tal JE:

o) L
2
B) 2
5
) 3
Y —_—
4

5) @

_________________ G e meeeeeeeeeeeeeeeee
4. Av o1 ouvTteAeoTég Tou 2%, 3% kai 4°Y 6pou Tou SIWVUNIKOU AVATITOYMATOG (X + y)n atroTeAoUV e
TN o€ipd auTh d1adoxIkoUg 6poug apIOUNTIKAG TTPOO30ouU, TOTE O PUOIKOG apIBuOG N 1IooUTAI ME:

a) 6
B 7
Y) 9
8 10

a
5.  Av a> 0, 16Te T0 oAoKARPWHA f‘x(x - a)(x - Za) (X - 3a)‘dx 1I000TAI ME:
-a

a 7a°
B) 8a’
y) 9a’
8 10a°
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6.  Aiverar n gubtia (¢)pe efiowon Yy =2X+1 ko 10 onuegio A(2,1). O1 ouvretaypéveg Tou
OUMUETPIKOU TOU onueiou A wg Tpog Tnv £ubtia (&) ival ioeg pe:

3 12
a X=-—, =—
2 7
B x=> y=—
2’ 5
Y) X= 8 y= b
7 4
5 x=-8 4B
_______________________ S R
EPQTHMA 4o:

» To gpwrtnua ouuuetéxel kard@ 25 % orn dlaudpewon 1N BabuoAoyiac tng mpwtng
Beuartikric evornTac. Emouévwe, KGOe epWitnon ouuuetéxel ue 4 g povadeg oto Babud e
TPWTNS BEATIKNS EVOTNTAC.

7. Ze €va KATAOTNHAO NAEKTPIKWYV €18WV utrdpxouv TTpog TTwAnon 600 nAekrtpikoi AapmtApeg. Ao
auToUg o1 200 KATAOOKEUAOTNKAV OTO £pyooTdaio A, 250 oTo gpyooTtdoio B kai 150 oTto epyooTdoio
I. Av gival yvwoTé 611 n mlavéTnTa £évag AAUTITAPOS va unv gival eAaTtTwpaTikog givar 0,93, 0,96,
kKai 0,88 avrioToixa yia ta gpyootdoia A, B kai I, Téte n mMOavoTnTA Va TTWANBEI £évag AauTTTRPOg
a1ré Toug 600 Un EAATTWHATIKOG I00UTAI JE:

a) 0,92
B) 0,93.
y) 0,94
8 0,95

8.  To diGoTnua Twv TIHWV X € R 1rou emaAndevouv Tnv aviowon log, (X - 2) +log, (X - 3) <leivai To:

a) (3, 4]
B [4,5]
v) [58]
) [6,10]
T . o o o o
9. Av 0 <a<—, 161e 10 6pI0 |IM OVV 00OV OOV =+ 00V_— | 100UTdI PE:
2 n—oco 2 2 2 2
o
ovva,
B)
a
o
Y) ——
nuo
0) a
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Av p,,p, €ival o1 piyadikég KuBIKEG pifeg Tng povaAdag, TOTE N TIMA TNG TTOPACTOONG

K= (1—|—p1)3000 +(1+ p2)3000 1000Tal YE:
a -1.
B) 1.
Yy 2
_® A

Aivetan n utrepBoAn pe g§icwon x2 —%:1 Kal éva onueio M(XO, yo) NG uTrepPOANG pe X, >1.

To gufadoév Tou TapaAAnAoypdupou TTou oXNHATIETal aTrd TIG ACUUTITWTESG TNG UTTEPPBOARG KAl TIG
TTAPAAANAEG a1Td TO ONuEIO M TTPOG TIG ACUUTITWTEG ICOUTAI [E:

ox)l
2
p)ﬁ
2
y 1
5 4
3

MeTag0 6AwV TWV KUAIVEPIKWYV Soxeiwv pe 6yko Vem®, To UWog eKeivou Trou £xel TNV EAGXIOTN OAIKA
EMIPAVEIA I00UTAI HE:

q) 3 X
T
2V

B) o] p—
T
4V

Y) 3——

T

5 o6V

T
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