c APNOL 3.1. O KVkAoC

Ked. 3.1. - Tpanela Ospdatwy 2022 -

MaOnpartika MpocavatoAiopov B’ Aukeiou

EKOQNHZEIZ

H Tpanela Ospdtwy yla ta Madnuatikd MpocavatoAiopou B' Aukeiou eival pia peyain «6alacoo».
Epelc Opweg £xoupe GPOVTIOEL yLa ECEVA, CUYKEVTPWVOVTOG EKEIVA TAL BEPATO TTOU ATTOTEAOUV TN «Bacn»
NG YVWOoNG Kot yla to urtoAouma. MEAETWVTAG KOl KATAVOWVTAG TO HOTIBO oKEYNG yLa TA CUYKEKPLUEVQ,
Umopelc va AUOELG Pe emTuxia KoL Ta urtoAouta B€pata. Itnv wotooeAida pog www.arnos.gr yla to
Course Twv Mabnuatikwv MNpocavatoAlopol, UEAETAC Kol TPOETOLMAlECAL HE TNV QVAAUTLKA
S1baokalia og aoknoelg kal BEpata, oto Udog Tng Tpamnelac.

Ofpa 2 - Kwéwkol:
15028, 15680, 15994, 16773, 16808, 17317, 18238, 18239, 18241, 18700,
18749, 19039, 20890, 21962, 22147, 22172, 22279

1. Oépa 15028
Eotw kUkAog C pe kévipo K(1,2) kot oktiva p=2 kai eguBeia (&) pe e§iowon

3x+4y—-1=0.

a) Na ypagete tnv e§lowaon tou kUkAou C'.
(Movadeg 8)

B) Na beifete 0t n andotaon tou kévipou K(1,2) amoé v eubeia (&) eival ion pe 2.
(Movadeg 9)
y) Na deiéete 6tLn eubeia (&) eddmretat otov kUkAo C.

(Movadec 8)

EEvmtva & EVkoAx!

YoAwpov 29 ABrjva tnA: 210 38 22 157 info@arnos.gr www.arnos.gr



http://www.arnos.gr/

€ APNOL

3.1. O KVkAog

2. Oépa 15680

Aivetar 0 kOkAoG C:x° +y° —2x—4y+1=0 pe kévtpo K(1,2) kain evBeia
g:3x+4y+1=0

a) Na anodeifete 6t n aktiva touv kUkAou C eival p=2.

(Movadeg 10)
. . . . . N , 12
B) Na amobeifete 6t n andotaon tou kévtpou K amd v evbeia & elvar —.

(Movadeg 10)
y) Na atttohoyrioete yiati n euBeia & kat o kUkAog C Sev €xouv KOva onueia.

(Movadeg 5)

3. Oépa 15994

Aivetain eiowon x2+y2—4x+3 =10 (1).

a) Na anodeifete ot n efiowon (1) naplotdvel kOUKAO Tou omoiov va Bpeite To KEVTPO Kal
TNV aKTiva.

(Movabdeg 13)
B) Na oxediudoete tov kOkAo (c) kaiL va Bpeite, xpnowomowwviag 1o oxfua i pe
ornolavdrnote dAAov TpOmo, T KOWVE TOU Gnpeia pe Toug dfoveg.

(Movdbec 12)
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4. Oépa 16773

a) Na Bpebel n e€iowon tou kUKAoL Tou €xeL kévtpo 1o O(0,0) kat SiEpxeTal anod To onueio
A(1,2).
(Movabec 08)
B) Aivetat o kKUKAOG X* +y° =5.
i. Na Bpebeln eflowaon tng epamTOUEVG TOU OTO ONUEio A.
(Movabec 09)

ii. No BpeBel to onueio B, To omoio eival avTSLAUETPLIKO TOU A OE QUTOV TOV KUKAO.
(Movabeg 08)

5. O¢po 16808
Alvovtal ta onpueia tou emunédou A(-8, 1), B(4, 5) kau (-4, 9).

a) Na Bpeite TIC CUVTETAYHEVEC TOU Héoou K Tou euBuypappou Tuipatog AB.

(Movabeg 08)
B) Na deifete OtL 0 KUKAOG (C) mou €xeL kévipo To onueio K kat SLApeTpo TO TUAMA AB
SiEpxetaL amnod to onpeio . (Movadec 09)

y) Na Bpeite tnv €€icwon tou kukAou (C). (Movabdeg 08)

EEvmtva & EVkoAx!
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6. Oépa 17317

Aivetat o kOKAOG C: (x — 1)? + (y — 2)? = 4 kaun evuBeia &: 3x — 4y = 8.
a) Na Bpeite to kEvtpo K tou kUkAou C kot Tnv aktiva Tou.
(Movdbeg 5)
B) Av K(1,2), va beiete 6 n andotacn tou kévipou tou kKUkAou € amd tnv euBeia £ sivat
d(K,e) = 2.
(Movabeg 13)

y) Na awtiodoyrioete yiati n eubeia kat o KUKAOG SV €xouv KavEVa Koo onueio.

(Movadeg 7)
7. Oépa 18238
Aivovtat ta onpeia A(1,3) kot B(-3.5).
a) Na Bpeite Tig ouvtetaypéveg tou pécov K tov tuniuatoc AB.
(Movabdeg 7)
B) Na amodeitete ot (KA)=+/5 .
(Movabeg 8)

y) Na Bpeite tnv €§iowon tou KUKAOU ToU EXEL SLAUETPO TO EVBUYpaAppO TUApA AB.

(Movabeg 10)
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8. Oépa 18239

Aivetail to onpeio K(-3,1) kain guBeia (£):4x—-3y+5=0.
a) Na anodeifete 6t n andotaon tou onpeiov K amd tnv eubeia (&) eival {on pe 2.
(Movabdecg 6)
B) Na Bpeite tnv efiowon tov kUKAoL C TOU €XEL KEVTPO TO onueio K kal epantetal otnv
euBela (g).
(Movadec 9)
y) Na oxediaoete oto idLo opBokavovikod cuotnpa agovwy tov kUkAo C kat tnv eubeia (¢).

(Movabdec 10)

9. Oépa 18241

Aivetat o kOKAog C pe e€iowon x* +y* =25. Na oxeSidoete oto (510 opBokavovikd
oUO0TNO GUVTETAYHEVWY
a) Tov kUkAo C.

(Movabdeg 9)
B) tig epamntopeveg tou C mou SiEpxovral and ta onpeia topng tou C pE Tov Yy’
KoL va YpAWETE TLG E§LOWTELS TOUG.

(Movadeg 8)
y) Ti¢ edpamtdpeveg tou C mou diEpyxovral amod ta onpeia Topng tou C pe Tov xx’
KoL va YpAWETE TLG E§LOWTELS TOUG.

(Movddeg 8)
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10. O¢pa 18700

Aivetauw kUkAog C pe kEvipo Tnv apxn Twv afdvwv kat aktiva 5.

a) Na ypawete tnv e§iowon tou kUkAou C kal va tov oxedldoeTte oto opbokavoviko clotnua

afovwv.
(Movabeg 10)
B) Aivetai to onpeio A(3, —4).
i. Na anobeifete dtLto onueio A avrikel otov kUkAo C.
(Movadec 05)
ii. Na Bpeite tnv e€lowaon tng edpamtopévng tou kUkhou C oto onpeio A.
(Movadec 10)

11. Oépa 18749

Ie opBokavoviko cuotnua cuvtetaypevwy Bewpoupe tpiywvo ABIN wote A(5,6), B(1, 2),
(12, 2) xatto uog tou A4, émou A onueio tng Bl, 6MwE 0TO MOPOKATW XL,
a) Na Bpeite Tic e€lowoelg Twv evBewwv BT kal AA.

(Movadec 10)
B) Na Bpeite TI¢ ouVTETAYUEVES TOU ONpEioU A.

(Movabeg5)

y) Na Bpeite tnv eiowon tou kUkAou e kévTpoTo onueio A, o omoiog epamntetaltng euBeiag
BT oto onueio A.

(Movabdec 10)
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12. Oépa 19039

Aivetal n e€lowon
x—Dx+3)+(y+Dy—-3)=-4 (1)

a) Na anodeifete 6t n efiowon (1) napiotavel kUkAo pe kEvipo K(—1,1) kat aktiva

R=2.
(Movabec 9)
B)
i. No Bpeite ta onueia A kat B tou kukAou (K,R) ta omoia éxouv TeTunUévn (on
e —1.
(Movabec 8)
ii. Noanobeiete 6tLta onpeia A kat B gival aviiSLlapeTpLka.
(Movabec 8)

EEvmtva & EVkoAx!
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13. @¢pa 20890

Aivetal to tplywvo ABI pe kopudeg ta onpeia A(3,-3), B(2,-8) kai (7,-3). Na Bpeite:
a) tnv e€lowaon tng mAgupag Br. (Movabecg 10)
B) tnv e€lowon Tou KUKAOU TIOU EXEL KEVTPO TO A Kal epATeTAL OTNV MAEUPQ BI.

(Movadbeg 15)

14. Oépa 21962

Aivovtal ta onpeia A(0,3), B(3,4) kau (1,0).

a) Na anodeifete 6t n ywvia BAT eivat opoH. (Movdbecg 13)

B) Na Bpeite to péoo K tng unoteivovoac Bl tou opBoywviov tplywvou ABT.
(Movabdec 5)

y) Na Bpeite tnv e§lowon tou kUKAOU OV SLEPYETAL QMO Ta Onpeia A, B kan T

(Movabecg 7)
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15. Oépa 22147

Aivetal n e€lowon

7
xZ-I-yz—x—v—E:D (1)

11
a) Na anobeifete ot n e€lowon (1) maplotavel KUKAO HE KEvTpo K (—, —) KoL aKtiva

2°2

R=2.

(Movadec 9)

, . . 1 3 , .

B) Na arnobeiete OtL TO onueio A (E’ — E) elval onpueio tou kbkhou (K,R).

(Movabdec 8)
y) Na Bpeite tnv e€icwon tng edantopévng tou kOkAou (K,R) oto A.

(Movabdec 8)

16. Oépa 22172

Dewpolpe tnv evBeia £: 3x — 4y =0 kaL To onueio A(-2,1).
a) Na amodeifete OTL N andaotaon Tou onueiov A ano tnv evBeila eival 2. (Movadec 08)

B) Na Bpeite tnv e€iowon euBeiac (n) kaBetng otnv (£) mou SLEPYETAL QUTO TO COnUELD A.
(Movabeg 10)
v) Na Bpeite tnv e€lowon Tou KUKAOU TTOU £XEL KEVTPO TO ONUELD A Kol EGAMTETOL OTNV EVBELO

(€). (Movddec 07)

EEvmtva & EVkoAx!

YoAwpov 29 ABrjva tnA: 210 38 22 157 info@arnos.gr www.arnos.gr




ﬁ APNOL 3.1. O KOKAOC

17. Oépa 22279

Aivetal n g€lowon
Y=D*=03B+x(1-x (1)

Noa artobeiéete otL:

o) H e€lowon (1) maplotdvel KUKAO pe kévtpo K(—1,1) kat aktiva R = 2.

(Movadbeg 9)
B) H apxni 0(0,0) twv agdvwv eivat ecwTtePLKO onueio Tou kUkAou (K,R).
(Movabdeg 7)
y) H euBeia (g): x + y = 2 eivar tépvouoa tou kukAou (K,R).
(Movabdeg 9)
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Ofua 4 - Kwdikoi:
14954, 15030, 15042, 15080, 15081, 15082, 15189, 15272, 15432, 15628, 15646, 15791,
15826, 15993, 16191, 18237, 18247, 18415, 18416, 18521, 18567, 18569, 20091, 20229,

20700, 20863, 21154, 21159, 21276, 21349, 22214, 22223, 22239, 22264, 22280, 22508

18. Oépa 14954

OewpoUpe i eflowoelg (g1):ux — y — u = 0 ka
(e2):(u+1)x +(u— 1Dy —u+1=0,u€R
a) Na amnodeitete otL oL (g;) kat (&,) naplotdvouv e€LloWOELE EVBELWV Yot KABE TR TG
TIAPOUHETPOU .
(Movdbecb)

B) Na anodeifte 6tL n ofeia ywvia twy euBewv (&) kat (g;) eivat 452 yia kGBe TA TNE
TILPOPETPOU U.

(Movabdec 10)
y) Na anobeifete 6t ta onpeia topAg twv evbewv (&) kat (&,) avikouv atov kKUKAO pE

KEVTPO TNV apyr Twv afdvwy Kal aktiva 1.

(Movdbec9)
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19. O¢pa 15030

Alvetat o kUKAOG C:(x—2)" +(y+3)” =5 kaun eubeia £:2x+y+5=0.
a) No Bpeite to kévtpo kat Tnv aktiva tou kokAou C.

(Movabdec 6)
B) Na beiéete ot 0 kUKAOG C kawn euBeia (&) bev €xouv Kowva onpeia.

(Movdbec 6)
y) Na éeifete oL unapxouv dvo euBeieg (77),(77,) Tou elval maparnAeg otnv evbeia (&)

kol epantovral tou kikAou C kal va Bpeite TIc EELOWOELS TOUG.

(Movabdec 7)
8) Na Bpeite tn peconapdAinin twv evBewwv (17,).(77,) -

(Movadec 6)
20. Oépa 15042
AlvetaL tpiywvo ABI kalL onpeio tou etunédou M, TETOLO WOTE:

AB —2AM +AT =0

a) Na anodeifete 6tLTa onpueia B, I, M eival ouveuBeLaKA.

(Movdabec 8)
B) Na anodeifete 6tL 10 M €ival to péco tou BT.

(Movabdec 2)

v) Eotw npaypatikol aplBpol k, A TETooL wote AB-AT = kkawAM - BT = A.
Av gmumAéov eival yvwotd OtL ya ta pn moapdAAnia dwviopata AT, AB LoyVEL OTL
x AT = A E, tote:

i. Naamnobeibete dtt k = A= 0.

(Movabdeg 7)
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i. Noamobdeifete otLTO Tpiywvo ABI eival opBoywvio kat loookeAES. Na mpoodloploete

TNV opOn ywvia kot Tig mMAEUpEC oV elvat ioec.
(Movdéecg 8)

21. O¢pa 15080

Alvovtanl ol eELlowoELg

C:x*+y -2x-8=0 (1)
KQIL
C,: x’+y —6x+8=0 (2).

a) Na Seifete ot o (1) kau (2) eivan eflowoerg kOkKAwv, pe kévipa K(1,0), A(3,0) kou axtiveg

2 =3, p,=1 avtiotoya.

(Movabec 6)
B)
i. Na Bpeite to prikog tng Stakévrpou (KA ).
(Movabdec 5)
ii. Na Seigete ot 0 kUKAOG C, eddnreTal EOWTEPIKA TOU KUKAOU C| .
(Movadec 5)

y) Na Bpeite tig eflowoelg twv aktivwv tou kukhou €| mou edamntovtal otov kukho €.

(Movabdec 9)
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22. Oépa 15081

Aivovtatl oL kUKAoL

Crix* 4+ +242x+1=0 kau

C,:x* +3° —642x+9=0.
a) Na deigete otL oL kOkAoL C, kat €, €xouv kévipa K(—\,’E,G], A(3J§,O) Kat aktiveg o, =1,
P, =3 avrtictoya.

(Movabdecg 8)
B)

i. Na beiete OtL amod tnv apyn twv agdvwv diEpxovtal U0 KOWEC EGAMTOUEVES TWV KUKAWVY

C, ka C,.

(Movadecg 10)
ii. Noo oxebidoete éva mpoxewpo oxpa omou va daivovral oL KUKAOL Kol oL SUO QUTEC
EPAMTOUEVEG,.

(Movabdeg 7)

22. O¢épa 15082
Aivovtal dUo KOkAOL PUE EELCWOELC:
C, :{x—2)2 +|[_].«‘—3}3 =8 kat C, :(x—?"]1 +(y+2) =18,
a) Na umoloyloete To UAKOC TN SLaKEVTpOU {Kﬂ], ornou K, Ata kevipa twv kukhwv C,C,

avtiotoua. AxkohouBwe va deifete OTLOL Huo kUKAoL EdanTovTal EEWTEPLKA.

(Movabec 5)

EEvmtva & EVkoAx!
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B)
i. Not ppeite tnv e€lowon tnc evBelac KA .
(Movabec 5)
ii. Na ppeite ta onueia topng tng eubeiag KA pe tov kikAo € kat to onueio enadnig twv
HU0 KUKAWV.
(Movdbec 7)
v) Na Bpeite tnv eflowaon tnc Kownc ECWTEPLKNC EDATMTOUEVNC TWV KUKAWV.
(Movadec 8)

23. Oépa 15189

Atvovtat ta onpeia A(—2,0) kaw B(2, —2).
o) Na Bpelte TI¢ oUVTETAYUEVES TOU péoou K Kal TO WAKOG Tou evBuypdppou Tuipatoc AB.

(Movadec 6)
B) Na Seiete OtL 0 KUKAOG C pe Sidpetpo AB éxeL e€iowon C: x%2 + (y + 1)2 = 5.

(Movabdeg 6)
y) Na Seigete 6t ta onpeia M (x,y) tou emutédou yia ta onoia (AMB) = 5 avikouv oTIC
evBelege:x +2y —3 =0koue:x +2y+7=0.

(Movabdeg 7)
8) Na beifete OtL 0L ELBELES &, KaL £, edamTovTal Tou KUKAou C.

(Movabeg 6)

EEvmtva & EVkoAx!
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24. Oépa 15272

Aivetaw n e€lowon x> +y* —2x+4y=-1.
a) Na anodeifete OTL napLotdvel KUKAO TOU Omoiou va BPELTE TO KEVTPO KaL TNV OKTiva.
(Movabec 6)
B) Na anobeiéete ot to onpeio M(3, 2) Bpioketal £€w amod tov KUKAO.
(Movabecg 7)
y) Na Bpeite 11§ epantopeveg tou kUkAou Tou Stépyovtal and 1o M.

(Movabec 12)
25. Opa 15432

Aivetau n e€iowon x? + y? — 4kx — 2ky + 4 = 0 (1) pe keR.

a) Noa Bpeite Tig Tipég tou keR wote n e€iowon (1) va maplotdvel KUKAO.

(Movabdec 7)
B) Na Bpeite TG CUVTETAYHEVEG TOU KEVTPOU KaL TNV aKTiva Tou KABe KUKAOU.

(Movabec 3)
y) Na Bpeite tnv euBeia otnVv omoia aviikouv Ta KEVIPA TWV MAPATEvVW KUKAWVY.

(Movabdec 7)

8) Na x = 1 va Bpeite tnv eflowon edpamntopévng tou avtiotoryou KUKAoU tng e§lowaong (1) oto
onpeio I'(2,2).
(Movadec 8)

EEvmtva & EVkoAx!
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26. Oépa 15628

Ailvetalin elowon x% + y2 + (4 — 2k)x- 2(1 + k)y + 5 — 2k = 0 (I), 6mou k € (0, +0).
a) Na anodeifete 6t n (I) naplotdvelkikho pe kévipo M(k — 2,k + 1) kat aktiva kv2 v
kaBe k > 0.
(Movadeg 10)

B) Na anobeifete otL To onueio M avrikeloe pa otabepr evBeia yia kdBe k > 0.

(Movadeg7)
y) Na anobeifete 6tun eubela (£): y = —x — 1 eivaitedantopévn tou mapandvw KUKAOU yLa
kaBe k > 0.

(Movadec 8)

27. Oéua 15646
Aivovtat ot kukAoL Cp: (x—1)" +(y—1) =9 kat C,: (x—4) +(y—4) =9.
a) Na beitete ot ta kévipa K, A twv kUkAwv C; kat C, avtiotoya Bpiokovtal otnv dixotouo

NG ywviag x()y TOU OUOTHHATOG CUVIETAYHEVWV.

(Movadeg 8)
B) Na Bpeite ta onpeia topng B,I™ twv kdkAwv C, kat C,.

(Movadeg 7)
y) Na Bpeite ta onpeia tng eubeiag y = x wote To Tplywvo mou oxnuatiletal pe ta B,I” va €xet

gupasdov %r.p.

(Movabdec 10)

EEvmtva & EVkoAx!
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28. Oépa 15791

Ito noapakdtw oxipa Exoupe oxedudoel kikho €, kevipou A kaltnv euBeila {E}: x=5.

a) Na Ppeite tnv elowon tow kukhou C.
(Movabeg 3)
B) Eotw éva onpeio Tou emunedou E{xl,y, }
i. Na Bpeite tnv eElowon tou kUKAoL LE KEVTPO B{x], }’l) KoL akTive 2.

(Movabec 6)

v) Na PBpeite dhouc toug kUkhoug Tou epwtripatoc B)i. pe axktiva 2, mou eddmrovral

ewtepkd atov C, kai otnv evBeia (&).

(Movadec 10)
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29. Oépa 15826

Alvetawn eflowon x° + 3 —2(A+1)x -2y +21+1=0 (1), 6nou A€ R.
a) Na Bpeite ywa moleg Tipég tou A n e€lowon (1) maplotdvel KUKAO Kal va YpAWETE wE
CUVAPTNON TOU A TG CUVTETAYHEVES TOU KEVIpou K ko tnv aktiva p.
(Movabdec 7)
B) Tu naplotdvel n eflowon (1) yia A=0;
(Movadbdecg 3)
y) Zto napakdtw oxiua ¢aivovtal 4 kUkAot pe ta avtiotoa kévipa toug K K, K, K,
TIoU TpoKUTTOLY o TV (1) ywa 4 avtioTolyeg TLES Tou A. AfLomolwvTag To oxXfua,
i. va arntodeifete OTL Ta KEVTPA OAWY TWV KUKAWV Mou mpokunttouv and tnv (1) Bpiokovral
ndvw o€ pa evBeia tng onoiag va Ppeite tnv e€iowon.
(Movabdeg 5)
ii. va anobeifete otL dAoL oL kUKAoL Tou mpokumttouv amd tnv (1) diépyovralr amnd
otaBepo onueio tou onoiov va Bpeite TIC CUVTETAYEVES.
(Movabec 5)
iii. va amodeifete 0tTL N €uBeia £:x+ y—1=0 &ivor ko] epartopévn OAOV TV KOKAMV

Tov TpokLITTOVY 0o TV (1).
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30. O¢pa 15993

Aivetaun e§lowon (x —2)24+ (y—21)2=412+1 (1), 6mov 1 € R.
a) Na anodeifete 6TL yla kKaBe Ty tou A n (1) naplotdvel kUKAO, Tou onoiou va Bpeite to
KEVTPO KOL TNV QKTivaL.
(Movdbec 03)
B) Na anodeifete 6tL GAoL oL kUKAoL ou opilovtal and tnv (1) yu Tig dtadopeg TIHES Tou A
SEpyovtal and dvo otabepd onpeia.
(Movadec 10)
y) Av A(1,0) kat B(3,0) eivat ta povadikd onpeia and ta onoia diépyovtal OAoL oL KUKAOL,
T0TE va Ppeite tnv ekiowon tng kowng xopbrc Toug kaL va amodeifete 0Tl elval kaBetn otnv
euBeia mov dLEpETaL MO TA KEVTPO TWV KUKAWV.
(Movadec 07)
6) Av éva onueio M(a, f) enaknBelel tnv (1) ya kdBe A € R, tote v anodeifete otTL
a-f =0.
(Movdbec 05)
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31. Oépa 16191
Aivovtal ta onpeia A(1,1), B(5,5).
o) Av yiua o onueio M (x,y) woyUEL AM +BM’ =32, va anobeiteTe OTUL
i. To onueio M Bpioketal ndvw otnv kapndAn pe efiowon x” +y” —6y —6x +10=0(1)
(Movabec 08)
ii. Hetiowon (1) maplwotavel kUkAo.
(Movabdec 03)

B) Av to kEvtpo Tou kUkhou Eivar to K(3,3) kaLn aktiva tou p = 2«;5 :
i. No OLlEPEUVAOETE YL MOLES TIMES Tou A n evBeia (g): Ay + Y = 2 edanTETAL TOU
KUkhou (1). (Movadec 07)

ii. YmapyeL Tyun tou A yua tnv onola n euBeia (€) oxnuatilel pe tnv AB ywvia 45°%;

(Movabdec 07)
32. Oéua 18237
@ewpol e Ta onueia A(-1, 2), B(3, 2), (1, 4).
a) Na anodeifete dtL oxnuartifouv Tpiywvo.
(Movabeg 6)
B) Na Bpeite v e€iowon tn¢ pecokdBeTnc tng mAeupdc Br.
(Movabeg 7)

Eotw &1L n pecokdBetn tne mAeupdc Bl eivain evBeia e:y=x+1.

y) Na Bpeite onpeio K otnv pecokdBetn tne mAeupdc Bl mou woamnéxeL and ta A, B.
(Movabeg 7)
6) Na Ppeite v ekiowon tou mepyeypappévou KOKAOU Tou TpLywvou ABT.

(Movabec 5)
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33. Oépa 18247

Aivovtat ta onueia O(0,0), A(a.0) ko B(0,#), 6mov a, >0
a) Na Ppeite ouvaptrioel twv a,

i. TIC CUVTETAYUEVEC TOU péoou M Tou tufpato AB.

(Movadec 5)
ii. Tnv andotacn (OM).
(Movadec 5)
2 2
B) Av (OM) = @ ;ﬁ , TOTE:
i. va armobeifete oL (OM) = “;—B}.
(Movdbec 5)

ii. va ypdpete v npdtaon ¢ Eukhelbelac Nrewpetplag mou £xeL anobeiybel.
(Movabec 3)
v) Na Bpeite tnv e€lowon Tou mEpWYEYpaUpEVOU KUKAOU Tou Tpywvou OAB .

(Movdbec 7)
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34. Oépa 18415

Aivetaw n e§iowon (x—34) +(y+24)° =1 (1) émou A €R kain eubeia
&:2x+3y=0.
a) Na anobeifete ot yua kdBe A e R ta kévrpa Twv KUKAWY TOU TPOKUTITOUV amnod
v (1) avikouv otnv evbeia ¢ .

(Movabec 6)
B) Na Bpeite Ti¢ e§lowoElg TwV EVBEWWV £,,&, TIOU QIEXOUV HETAEU TOUG 2 POVADES
Ko £xouv peconapdAAnAn tnv evbeia ¢ .

(Movdbeg 7)
y) No anobeifete otL 6Aot oL kUKAoL mou TipokUTTouY amo tnv (1) eddntovral og dvo
otaBepécg evBeiec.

(Movdbeg 6)
6) Na Bpeite to eupadov evog teTpaywvou tou omoiou dV0 amévavil MAEUPES
avrjkouv ot EVBeieg £, &, avtiotoxa.

(Movadec 6)
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35. O¢ua 18416

Aivetal n eflowon x(x—4)+y(y—2)=2(x+y-4)(1).

a) Na &eifete 6L n e§iowon (1) mapiotdvel kOkAo pe KEVTPO K(3,2) kat aktiva p = JE .
(Movabdec 6)

B) Aivovtal ta onpeia A(4,4) kau B(2,0).

i. Na bdeifete otLta onpeia A ko B elvot avilblapetpikd onpeia tou kUkAoOU.
(Movabec 4)

ii. Na Ppeite t1¢ eflowoelg twv edanmtopevwyv Ttou KUKAOU oOL OTMOIEC Eival

napdAAnAeg otnv Sidpetpo AB. (Movdbeg 9)

y) Na Bpeite tnv Tipn Tng mapapetpou A wote n euBeia (n) pe eflowon y=Ax+4 va TEUVEL

Tov napanavw kOkho oe 800 onpeia Ikal A wote (MA)= J20. (Movdbec 6)

36. Oépa 18521

Aivovtati ta onpeia A(1,2), B(2,4) xau I'(3,1).
a) Na anodeifete 6tin BAT = 90°.

(Movdbeg 06)
B) Na Bpeite tnv e€lowon Tou kUKAOU ¢, 0 onoiog iEpxetaL and ta onpeia A, B kal I,

(Movabec 09)

2

. . . 5\2 . . ,
y) Av 0 KUKAOG ¢ €XxeL €€lowon ( — E) + (y —g) =§ , TOTE va Bpeite T1¢ e§LOWOELG TWV

ebantoOpeVwWY TOU, oL omoieg diEpxovtaL and tnv apxn Twv afovwv.

(Movabec 10)
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37. Oépa 18567

Aivetat o kOKAOC C: x2 + y? = 4 kaw to onueio A(2v2Z, 0).
a)
i. No arnodeifete 6TL 10 onpeio A eivat eEwTtepikd Tou KUKAoU C. (Movadecg 05)
ii. No Bpeite ¢ e€lowoelg Twv epantdépevwy Tou KUKAoU C tou SiEpxovtal anod To
onpeio A kat va anodeifete OtL eival petay Toug KABEeTEC. (Movadeg 12)
B) Av B, I ta onpeia emadrig tou kUkAou C pE TG ePamtOpeves euBeieg amod to onueio A, va

urtoAoyioete 10 euPado Tou teTpartAepou ABOT. (Movadeg 08)

38. O¢pa 18569

Aivetat o kUKAOG C: x*+y*=1.
a) Av A kat A" gival ta onpeio topng tou kUkAou C pe Toug nuidéoveg Ox kat Ox” avtioTtolxa,
TOTE:

i. Na anodeifete OTL OL CUVTETAYUEVEG TWV onpeiwv A kat A’ gival A(1,0) kot A'(-1,0).

(Movadec 05)

ii. Na Bpeite v €€iowon tng gvbeiag € mou diépxetat and to A KAl OXNUATIIEL PUE TOV
agova x'x ywvia 150°. (Movabdec 06)

B) Av n euBeia € téuvel Tov KUKAO C kat oto onpeio B, va amobdeiete OtL n xopdr) AB €xeL
UAKOG J3. (Movdabdeg 08)
y) Av n euBeia € éxel efiowon y = - ? (x-1), va Bpeite tnv e¢lowon tng gubeiag (7) mou

Siépxetal anod ta onueia A ko B. (Movadec 06)
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39. Oépa 20091

Ta onpeia A(-7, -1) kat B(3, -5) eivat onpeia evdg kukAou C kévtpou K. To onpeio M eival to

UEOO TNG XopdN¢ AB kat pia euBeia € diépyetal amnod ta onpeia K kot M.
a) Na Bpeite:

i. TG OUVTETAYHUEVEC TOU OnpEiou M. (Movabec 04)

ii. Tnv efiowon tnc eubeiac KM. (Movddec 08)
B) Av amod to kévtpo K tou kUKAou SLépyetal n evbeia (8): x+y=-12, T0Te:

i. Na Bpeite T1¢ ouvteTaypéveC Tou onpeiou K. (Movadec 07)

ii. Na Bpeite tnv e€iowaon tou kUkAou C. (Movadec 06)

40. Oépa 20229

Aivetawn e€lowon: x2+y?— (A +8)x + Ay + 7 = 0 (1), ne A€R.

a) Na arodeifete otL yia kdBe A€ R n e€iowon (1) maplotdvel KUKAO, TOU omoiou va
BpeOel TO KEVTPO KaL N aktiva. ( Movadec 6)
B) Na Bpeite tnv €€lowon ™G YPARMAG TTAVW OTNV OMOLX KLVOUVTOL TA KEVIPA TWV
KUKAWV QUTWV. (Movabec 7)
v) Na anobeiete otL yia kdBe AE R, 6Aot oL mapandvw KukAol, Stépxovral and duo
otaBepd onueia, Ta onoia kat va Bpebolv. (Movabdeg 7)
§) @ewpoupe tov KUKAO Tov opietat anod tnv (1) ywa A=0. Na Bpebouv ta onueia tou
KUKAOU auTOU, IOV aéxouv armo thv apxh Twv agdvwy tnv EAAXLOTN KaL TNV PEYLOTN

anooTaon avriotoLya. (Movabec 5)
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41. O¢pa 20700

Aivetal 1o tTeTpaywvo MM;0M, pe M(4,4),M;1(4,0), M,(0,4). Av O n apxn Twv advwv Tou
KAPTECLAVOU CUCTHHOTOG CUVIETAYHEVWY, TOTE:
a) Na deifete OtL 0 KUKAOG TOU SLEpXETaL O TG KopudEC Tou TeTpaywvou MM, 0M, éxel
eflowon C: (x —2)2 + (v — 2)2 = 8.
(Movadeg 8)
B) Na arnobeiéete 0tLn eubela £: x + y = 8 eivaw epantopévn tou napandvw KukAou C
(Movadeg 8)
y) Na Bpeite to onueio emadnig tng eubeiag & pe Tov KUKAO C.

(Movabeg 9)
42. O¢pa 20863
Aivovtatta onueia A(1,0) ko B(3,0).
a) Na Bpeite tnv e€lowon tng pecokdBetng evBeiag ({) tou evBlypappou TuApatog AB.
(Movabec 07)

B) Av K eival éva tuxaio onueio tng eubeiag ({), va Bpeite tnv eflowon (c) dAwv twv

KUKAwv, oL omoiol éxouv kévipo K kol Siépyovtal and ta onueia A kal B, ouvaptriioeL puag

napapepou A € R
(Movadbecg 08)

y) Av n e€lowon (x — 2)2+ (y —A)? =12+ 1, 1 € R, napiotdvel dAoug toug kUkAoug (¢)

Tou epwtrpatog B), tote:
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i. No oxebldoete Tov KUKAO, 0 omoiog €xeL Sidpetpo to euBlypappo tpuipa AB.
(Movadeg 05)
ii.  No amnodeifete ot n evbeia (€):x + Ay — 1 = 0 edpanretal e 6Aoug TOUG KUKAOUG
(¢) oto onpeio A(1,0).

(Movdbec 05)

43. Oépa 21154

Aivetau n e€lowon
x¥+y?—4dax—4ay=0 (1)

Omou a eival mPaypaTIKOg aplOpog.

a) No Bpeite TI¢ TWHEC TOU a yLa TI¢ omoieg n eéicwon (1) maplotdvel KUKAO.
(Movabec 8)
B) Na mpocblopicete 1o kévtpo K kot Tnv aktiva R twv KUKAWY w¢ cuvaptnon Tou a.
(Movabeg 6)
y) Na Bpeite TOV YEWUETPIKO TOTIO TWV KEVIPWY TWV KUKAWY yla TIG S1adopeg TIHES
TOU O TOU EpWTrpaTog ().
(Movabeg 5)
8) Na efetdoeTe av UTTAPXEL TN TOU O WOTE O AVTiOTOLKOC KUKAOG mou opietal and

v e€lowon (1) va epantetal otov dfova x'x.

(Movabdeg 6)
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44. Oépa 21159

Aivovtal ta onpeia A(a, 0) kau B(0, B) pe o, B> 0 kol a+ B =10.

a) Na anobeifete ot n eflowon twv kKOKAwWY pE dLdpetpo TV AB, yla KABE T Twv o ko B
glvarx? + y?2 —ax — (10 — a)y = 0. (Movdbec 8)
B) Na ammobeiéete otL OAoL oL kKUKAOL PE SLEpETPO TNV AB, yia TIg S1adopeg TLHES Twv a KoL B
SLEpyovtal amnd duo otabepd onueia, tnv apxr O Twv afdvwy kal éva onpeio P tou onoiou va
Bpeite T1g oUVTETAYMEVEC. (Movabeg 9)
y) Nat Bpeite Tov YEWHETPLKO TOTO TWV KEVTPWY OAWV TwWV KUKAWV HE SLdpeTpo tTnv AB yLa TLg

dladopeg TIES Twv a kal P. (Movddec 8)

45. Oépa 21276

Zg pa gluyxpovn mohn, kataokevaletal glbnpodpokd Siktuo mov meptAapfavel:
e TN ypopun yi, kabe onueio tng omoiag oto opBokavoviko cuoTnpa
OUVTETayYUEVWY Eival Tne popdnc: A (A-1, 2A+1), A=R.
o TN ypapuur vz, MOU MEPVAEL anod 1o otaduod I (-4, 2) kat eival mapdAAnin oto
Suavuopa u = (-1, 3).
a) Na Bpeite Tic eflowoelg Twv evBewwy mdvw ot omoleg PplokovTal oL YpappES Y1
KOLL 2. (Movdbec 10)
B) H eloobog tou aBAntkou otablov puag cuvolkiog Ba Bploketal oto onueio K(1, 1)
tou opBokavovikol cuothipato cuvietaypeévwy. 0L kataokevaatéc BEhouv va
ouvbéoouv tnv eicobo tou otabiov am’ evBelag pe kabeto bpopo, HE ML OO TIC
VPOUUEC Y1 Kol Y. Na Bpeite pe mowx amd g duo ypappeg ival mo cupdEpouoa n
ouvbeon. Alvetal O0TL To KOoToC oUvbeonc avd povada prikouc, elval To 1o kol yu

TIC HUO ypOULHES. (Movabec 9)
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y) Nipw amo to otadio Ba dnpovpynBel kukAikd mapko. Na Ppelte tnv lowon tou
kUkAou, mou Ba opileL To mapko, av TO KEVIPO TOU Elval To onpelo K kal emutAéov o

KUKAOC auTOC EPAMTETAL TNE YPOUUAC V1. (Movabec 6)

46. O¢pa 21349

Ze opBokavovikd clotnua afovwv pe apxr to onueio O Bewpolpe kOkAo (C) kat
guBeia (g) pe eflowoelg x? +y? —9x —3y+10=0 (1) kaw 4x+3y—10=0 (2)
avtiotolya.
a)
i. No Bpeite to kévtpo K kat Tnv aktiva R Tou kUkAou (C).
(Movadeg 5)
ii. Na umoloyioete tnv andotacn tou kévipou K amd tnv evBeia (g) kau va
anodeitete 6t n evBeia () Tépvel tov kUKAO (C) e dUo onueia.
(Movabec 4)
iii. Na mpocdlopicete ta onpeia A kot B ota onoia n euBeia (&) Téuvel Tov KUKAO
(C).
(Movabecg 5)
B) Av eival A(1,2) ko B(4, —2), TotE:
i.  No UrtoAOYICETE TO ECWTEPLKO YIVOUEVO OA - OB.
(Movdbdecg 5)
ii. Na amodeifete 611 0 kKUKAOC pe dLdpetpo AB dLépyetal and to onpeio O.

(Movadeg 6)
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47. Oépa 22214

Ye kapteolavo eninedo Oxy Bewpoupe ta onpeia M(x,y), A(-1,0), B(1,0) yia ta onoia loxUeL
AM? + BM? = 9|AB|.
a) Na arnodeifete OTL 0 yEWUETPLKOG TOTOG TwV onpeiwv M gival o kUkAog pe e§iowan
x? +y?=8. (Movabecg 10)
B) Eotw I kat A 800 onpeia Tou KOKAOL TéTola wote TA? = 32.
i. Na 6eifete 6t ta onpela I kat A kaw n apyn Twv afdvwv elval cuveUBELaKE OnpELa.
(Movabdec 08)

ey

ii. AvTo onpeio M kweitat otov KUKAO, va utoAoyioete To MI - MA (Movasdeg 07)

48. Oépa 22223

e tplywvo ABl eivat AB = A, A+ 1), AT = (324, A — 1) ko to onueio M gival to pEco tng
Brue A € R.

a) Na anobeifete 6t AM = (2A,1) (Movdabdec 08)
B) Aivetat emuhéov OtL N ywvia BAT = 90°.

i. No vnoAoyioete o A. (Movabdec 08)
1 3
ii. Av A = S ka A(2, 3 ) va PBpeite tnv efiowon tou mepyeypappévou kKUKAOU ToU

Tpywvou ABT. (Movadec 09)
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49. O¢pa 22239

Ze Kapteolavo ovotnua afovwv Oxy n efiowon 3x + 4y = 25 nepypddel ™ B€on evog
aywyou Udpevanc. e autd To olotnua BEAoupe va oxedldoou e éva KUKALKO awvtplBdve pe
KEVTpo 1o 0(0,0) kal aktiva 2.
a)

i. Nowx gival n eflowon tou KUKAoU mou MeplypadeL tnv B€on tou owvtpBaviou;

(Movddecg 04)

ii. Na efetdoete av 0 aywyog UVdpevong SLEpxeTal and 10 KEVIpo TOu owtpLpaviou,

TPOKELEVOU va EVWBEL pe auTo. (Movabec 05)

iii. Av 0 aywyoc Udpevong dev dLEpyetal amd To KEVIPO TOU owiplpaviol, Moo onueio

Tou aywyol 0HpevonC MPEMEL va EVWBEL PE TO KEVTPO TOU ovTplBaviol wWoTe va
EXOUUE TNV pkpdTEPN duvath andotacn, Apa KoL OLKOVOLKOTEPN KOTAOKEU;

(Movabec 08)

B) O unxoavikog mou BEAeL va xapdel évav evBuypappo dpdpo, katéAnée otnv efiowon

Ax +y+ A -2 =0, ue A#0. Mmnopeite va tov BonBrioete va Bpel yia mowa Tyur Tou A o dpopog

auTtog eddmntetal Tou owipBaviol; (Movdabec 08)

50. Oépa 22264
Aivetaw n e€lowon x> + y? + Ax+Ay+A-1=0(1), A€ R.
a) Na anobeiéete ot n e€lowon (1), mapotdvel kOkAO yra k@Be A€ R.  (Movabeg 7)
B) Na Bpeite to KEVIPO KoL TNV akTiva Tou kUKAoL Tou opiletal amod v eéiowon (1),
0 omoiog epdamteTaL g evBelag e: x+y+2=0. (Movdbec 9)

y) Ma A = 1, otov kUKAO Ttou mpokUTTEL amd tnv eflowon (1), va Bpeite T ElOWOELC

3
TwV EQAMTONEVWY TOU, TTIOU SLEp)OVTaL amod To anueio M(- E - 5 ). (Movdbdec 9)
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51. Oépa 22280

Ze opBokavovikd cuotnpa afdvwv pe apxn Tto onpeio O(0,0) Bewpoupe TOUG
kUkAoug (K, R) kat (A, p) pe e§lowoelg

X2+y2—6x—8y+21=0 (1) kot x* +y?>+2x—2y+1=0 (2)
avtiotolxa.
a) Na Bpeite Ta KEVTPA KAL TLG AKTIVEG TWV SUO KUKAWV.

(Movabeg 12)

B) Na anodeitete OtL oL U0 kUKAOL Bpiokovtal 0 Evag eEWTEPLKA TOU GAAOU.

(Movadecg 08)
y) Eotw M, N tuxaia onpeia twv kOKAwv (K, R) kat (A, p) avtiototya. Na urtohoyioste
Vv €AdXLOTN KAl TNV HEYLOTN AMOOTOOoN TwV ONKEiwv M kot N.

(Movadecg 05)

52. Oépa 22508
Ou kopudég A , I' evdg tetpaywvou ABFA eivar ta onueia (1,4) kau (3,0)
avTLOTOXWC.

a) Na anodeifete 611 n e€iowon tn¢ pecokaBétou tou evBuypappov tufpatog Al
1
ypadetair otn popdpiy — 2 = 2 (x — 2). (Movddec 8)

B) Na anobeifete o0t n eiowaon Tou kOkAoU, 0 omolog ExeL dLapeTpo to EVOUYPAUUO
tuApa Al ypadetal otn popdn (x — 2)? + (y — 2)? = 5. (Movabec 8)
y) Na umnoloyloete T CUVIETQYMEVEG Twv dUO0 AGAwv kopudwv B,4  tou

TETPOYWVOU. (Movabdeg 9)
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