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ƔƆƑƉƏƏƆεƍƎƉƗ ƉƒƉƘƆƗƉƍƗ  
ƈ΄ HMEƕƋƗƍάƑ – ε΄ ƉƗƔƉƕƍƑάƑ  – ƆƙƘƓƘƉƏάƑ ƘƐƋƐƆƘάƑ  

& ƘƐƋƐƆƘάƑ ƗƙƑεƍεƆƗƎƆƏƍƆƗ  ƉƔƆƈƈƉƏƐƆƘƍƎάƑ  ƏƙƎƉƍάƑ 
ƗƆƇƇƆƘƓ 9 ƍƓƙƑƍƓƙ 2018 

ƉƒƉƘƆƊƓƐƉƑƓ  ƐƆƌƋƐƆ : 
ƐƆƌƋƐƆƘƍƎƆ  (ƆƏƈƉƇƕƆ)  

ƗƙƑƓƏƓ  ƗƉƏƍεάƑ :  ƘƉƗƗƉƕƍƗ  (4) 
 
ƌƉƐƆ Ɔ  

Ɔ1. ΈƴƵƺ 1 2 κx ,x ,...,x  ƱƬ ƵƬΣƠƳ ΣƬƤƳ ΣƨƵƤƥƮƪƵơƳ X  πƱƶ ƤƷƱƲƟ 

ƵƤ ƟƵƱΣƤ ƨƯƽƳ ƧƨƢƦΣƤƵƱƳ ΣƨƦƠƫƱƶƳ Ȟ , ƽπƱƶ κ ,Ȟ  Σƪ 

ΣƪƧƨƯƬƭƱƢ  ƷƶƴƬƭƱƢ ƤƲƬƫΣƱƢ Σƨ ≤κ Ȟ .   

Ƥ. ƘƬ ƱƯƱΣƟƩƨƵƤƬ  ƤπƽƮƶƵƪ ƴƶƸƯƽƵƪƵƤ iȞ  πƱƶ ƤƯƵƬƴƵƱƬƸƨƢ 
ƴƵƪƯ ƵƬΣơ ix , i 1,2,...,κ= ;  

(ƐƱƯ .  3) 

ƥ. ƘƬ ƱƯƱΣƟƩƨƵƤƬ  ƴƸƨƵƬƭơ  ƴƶƸƯƽƵƪƵƤ if  ƵƪƳ ƵƬΣơƳ ix ,  
i 1,2,...,κ= ;    

(ƐƱƯ .  3) 
Ʀ. ƑƤ ƤπƱƧƨƢưƨƵƨ ƽƵƬ + + + =1 2 κf f . . . f 1.  

(ƐƱƯ .  4) 
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Ɔ2. ΈƴƵƺ f  ΣƢƤ ƴƶƯƟƲƵƪƴƪ  Σƨ πƨƧƢƱ ƱƲƬƴΣƱƾ ƵƱ A .  ƔƽƵƨ 

ƮƠΣƨ ƽƵƬ ƪ ƴƶƯƟƲƵƪƴƪ f  ƨƢƯƤƬ πƤƲƤƦƺƦƢƴƬΣƪ  ƴƵƱ ƴƪΣƨƢƱ 

0x  ƵƱƶ πƨƧƢƱƶ ƱƲƬƴΣƱƾ ƵƪƳ ;  
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Ɔ3. ƑƤ ƸƤƲƤƭƵƪƲƢƴƨƵƨ  ƵƬƳ πƲƱƵƟƴƨƬƳ πƱƶ ƤƭƱƮƱƶƫƱƾƯ,  
ƦƲƟƷƱƯƵƤƳ  ƴƵƱ ƵƨƵƲƟƧƬƽ ƴƤƳ , ƧƢπƮƤ ƴƵƱ ƦƲƟΣΣƤ  πƱƶ 
ƤƯƵƬƴƵƱƬƸƨƢ ƴƨ ƭƟƫƨ πƲƽƵƤƴƪ , Ƶƪ ƮƠưƪ ƗƺƴƵƽ , ƤƯ ƪ 
πƲƽƵƤƴƪ ƨƢƯƤƬ ƴƺƴƵơ , ơ Ƶƪ ƮƠưƪ ƏƟƫƱƳ, ƤƯ ƪ πƲƽƵƤƴƪ 
ƨƢƯƤƬ ƮƤƯƫƤƴΣƠƯƪ .  
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Ƥ. Ɨƨ ΣƬƤ ƭƤƯƱƯƬƭơ  ơ πƨƲƢπƱƶ ƭƤƯƱƯƬƭơ  ƭƤƵƤƯƱΣơ  ƵƱ 
68% πƨƲƢπƱƶ ƵƺƯ πƤƲƤƵƪƲơƴƨƺƯ ƥƲƢƴƭƨƵƤƬ ƴƵƱ 

ƧƬƟƴƵƪΣƤ ( )x s , x s− + , ƽπƱƶ x
 
ƪ ΣƠƴƪ ƵƬΣơ ƭƤƬ s

 
ƪ 

ƵƶπƬƭơ ƤπƽƭƮƬƴƪ .  

ƥ.  ( )συȞx ηȝx′ =  

Ʀ. ƘƱ ƭƶƭƮƬƭƽ ƧƬƟƦƲƤΣΣƤ ƸƲƪƴƬΣƱπƱƬƨƢƵƤƬ  ƦƬƤ Ƶƪ 
ƦƲƤƷƬƭơ πƤƲƟƴƵƤƴƪ  ΣƽƯƱ πƱƴƱƵƬƭƿƯ ƧƨƧƱΣƠƯƺƯ .  

Ƨ. Η ƧƬƤƭƾΣƤƯƴƪ ( )2s  
ƨƢƯƤƬ ΣƠƵƲƱ ƧƬƤƴπƱƲƟƳ .  

ƨ. ΑƯ ΣƢƤ ƴƶƯƟƲƵƪƴƪ f  ƨƢƯƤƬ πƤƲƤƦƺƦƢƴƬΣƪ  ƴƨ ƠƯƤ 

ƧƬƟƴƵƪΣƤ Δ ƭƤƬ ƬƴƸƾƨƬ  'f ( x ) 0<  ƦƬƤ ƭƟƫƨ ƨƴƺƵƨƲƬƭƽ  

ƴƪΣƨƢƱ ƵƱƶ Δ, ƵƽƵƨ ƪ f  ƨƢƯƤƬ ƦƯƪƴƢƺƳ ƤƾưƱƶƴƤ ƴƵƱ Δ.  
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ƌƉƐƆ Ƈ 
εƢƯƱƯƵƤƬ  ƱƬ ƤƲƬƫΣƱƢ :  14, 12, 18, 4α 1, 16−  Σƨ α∈ .   

Ƈ1 .  ΑƯ ƪ ƧƬƟΣƨƴƱƳ  ƵƺƯ πƤƲƤπƟƯƺ  ƤƲƬƫΣƿƯ ƨƢƯƤƬ Ƣƴƪ Σƨ 15, 
ƯƤ ƶπƱƮƱƦƢƴƨƵƨ ƵƪƯ ƵƬΣơ ƵƱƶ α .  
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Ƈ2 .  ΓƬƤ α 4=  ƯƤ ƶπƱƮƱƦƢƴƨƵƨ Ƶƪ ƧƬƤƭƾΣƤƯƴƪ ( )2s .   
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Ƈ3 .  ΓƬƤ α 4=  ƯƤ ƨưƨƵƟƴƨƵƨ  ƤƯ ƵƱ ƧƨƢƦΣƤ ƵƺƯ πƤƲƤπƟƯƺ  

ƤƲƬƫΣƿƯ ƨƢƯƤƬ ƱΣƱƬƱƦƨƯƠƳ .   
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Ƈ4 .  ΓƬƤ α 4=  ƯƤ ƶπƱƮƱƦƢƴƨƵƨ ƵƱ ƴƶƯƵƨƮƨƴƵơ  ΣƨƵƤƥƱƮơƳ ƵƺƯ 

ƤƲƬƫΣƿƯ πƱƶ ƫƤ πƲƱƭƾƹƱƶƯ , ƤƯ Ʊ ƭƤƫƠƯƤƳ  Ƥπƽ ƵƱƶƳ 
πƤƲƤπƟƯƺ  ƤƲƬƫΣƱƾƳ πƱƮƮƤπƮƤƴƬƤƴƵƨƢ  Σƨ ƵƱ 2−  ƭƤƬ ƴƵƪ 
ƴƶƯƠƸƨƬƤ  ƤƶưƪƫƨƢ  ƭƤƵƟ 5 .  
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ƌƉƐƆ ƈ 
εƢƯƨƵƤƬ ƪ ƴƶƯƟƲƵƪƴƪ f  Σƨ ƵƾπƱ :  

3 2f (x) 2x 3κx κ , κ= − + ∈  ƭƤƬ x .∈  

ƈ1. ΕƟƯ ƪ ƨƷƤπƵƱΣƠƯƪ  ƵƪƳ ƦƲƤƷƬƭơƳ πƤƲƟƴƵƤƴƪƳ  ƵƪƳ 
ƴƶƯƟƲƵƪƴƪƳ f  ƴƵƱ ƴƪΣƨƢƱ M(1, f(1)) ƨƢƯƤƬ πƤƲƟƮƮƪƮƪ  

ƴƵƱƯ ƟưƱƯƤ 'x x , ƯƤ ƶπƱƮƱƦƢƴƨƵƨ ƵƱƯ ƤƲƬƫΣƽ κ . 

ƐƱƯƟƧƨƳ 5 

ƈ2. ΓƬƤ κ 1=  ƯƤ ƥƲƨƢƵƨ ƵƪƯ ƵƬΣơ ƵƱƶ x
 
ƦƬƤ ƵƪƯ ƱπƱƢƤ Ʊ  

ƲƶƫΣƽƳ ΣƨƵƤƥƱƮơƳ ƵƪƳ f ( x )  ƦƢƯƨƵƤƬ  ƨƮƟƸƬƴƵƱƳ .   
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ƈ3. ΓƬƤ κ 1=  ƯƤ ƥƲƨƢƵƨ ƵƪƯ ƨưƢƴƺƴƪ  ƵƪƳ ƨƷƤπƵƱΣƠƯƪƳ ƵƪƳ 

ƦƲƤƷƬƭơƳ πƤƲƟƴƵƤƴƪƳ  ƵƪƳ f '  ƴƵƱ ƴƪΣƨƢƱ ( )'1 , f ( 1 )− − . 
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ƌƉƐƆ ε 
εƢƯƨƵƤƬ ƪ ƴƶƯƟƲƵƪƴƪ f  Σƨ ƵƾπƱ :   

2f (x) x 4 2018 ,= + +  x∈ . 

ε1. ƑƤ ƧƨƢưƨƵƨ ƽƵƬ  
2

x
'f ( x )

x 4
= +  
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ε2. ƑƤ ΣƨƮƨƵơƴƨƵƨ Ƶƪ ƴƶƯƟƲƵƪƴƪ f  ƺƳ πƲƱƳ Ƶƪ ΣƱƯƱƵƱƯƢƤ 

ƭƤƬ ƯƤ ƥƲƨƢƵƨ ƵƱ ƨƢƧƱƳ ƭƤƬ ƵƪƯ ƵƬΣơ ƵƱƶ ƤƭƲƽƵƤƵƱƶ . 
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ε3. ƑƤ ƶπƱƮƱƦƢƴƨƵƨ ƵƱ ƽƲƬƱ  

2

2
x 0

) '(x 4 f (x) 2x
lim

x→
+ −
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ƓεƋƈƍƉƗ ƈƍƆ ƘƓƙƗ ƉƒƉƘƆƊƓƐƉƑƓƙƗ 

1. ƗƵƱ ƵƨƵƲƟƧƬƱ ƯƤ ƦƲƟƹƨƵƨ ΣƽƯƱ ƵƤ πƲƱƭƤƵƤƲƭƵƬƭƟ (ƪΣƨƲƱΣƪƯƢƤ, 
ƨưƨƵƤƩƽΣƨƯƱ ΣƟƫƪΣƤ). ƑƤ ΣƪƯ ƤƯƵƬƦƲƟƹƨƵƨ ƵƤ ƫƠΣƤƵƤ ƴƵƱ 
ƵƨƵƲƟƧƬƱ. 

2. ƑƤ ƦƲƟƹƨƵƨ ƵƱ ƱƯƱΣƤƵƨπƿƯƶΣƽ ƴƤƳ ƴƵƱ πƟƯƺ ΣƠƲƱƳ ƵƺƯ 
ƷƺƵƱƤƯƵƬƦƲƟƷƺƯ ƤΣƠƴƺƳ ΣƽƮƬƳ ƴƤƳ πƤƲƤƧƱƫƱƾƯ. εƨƯ ƨπƬƵƲƠπƨƵƤƬ 
ƯƤ ƦƲƟƹƨƵƨ ƭƤΣƬƟ ƟƮƮƪ ƴƪΣƨƢƺƴƪ. ƎƤƵƟ ƵƪƯ ƤπƱƸƿƲƪƴơ ƴƤƳ ƯƤ 
πƤƲƤƧƿƴƨƵƨ ΣƤƩƢ Σƨ ƵƱ ƵƨƵƲƟƧƬƱ ƭƤƬ ƵƤ ƷƺƵƱƤƯƵƢƦƲƤƷƤ. 

3. ƑƤ ƤπƤƯƵơƴƨƵƨ ƴƵƱ ƵƨƵƲƟƧƬƽ ƴƤƳ ƴƨ ƽƮƤ ƵƤ ƫƠΣƤƵƤ, ΣƽƯƱ Σƨ Σπλƨ 
ơ ΣƤƾƲƱ ƴƵƶλƽ ƤƯƨưƢƵƪλƪƳ ΣƨλƟƯƪƳ. 

4. ƎƟƫƨ ƤπƟƯƵƪƴƪ ƨπƬƴƵƪΣƱƯƬƭƟ ƵƨƭΣƪƲƬƺΣƠƯƪ ƨƢƯƤƬ ƤπƱƧƨƭƵơ. 
5. εƬƟƲƭƨƬƤ ƨưƠƵƤƴƪƳ: ƵƲƨƬƳ (3) ƿƲƨƳ ΣƨƵƟ Ƶƪ ƧƬƤƯƱΣơ ƵƺƯ 

ƷƺƵƱƤƯƵƬƦƲƟƷƺƯ. 
6. ΏƲƤ ƧƶƯƤƵơƳ ƤπƱƸƿƲƪƴƪƳ: 10.00 π.Σ. 

KƆƏƋ ƉƔƍƘƙΧƍƆ 

ƘƉƏƓƗ ƐƋƑƙƐƆƘƓƗ 

 


